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arithmetic to geometry. Coincidently, the dependence of measures of area on other measures, linear and angular, was discovered. The area of a rectangle was found to be larger than that of an oblique parallelogram having sides of the same length; the area, consequently, depended not only on the length of the sides, but also on the angles. On the other hand, a rectangle constructed of strips of wood running parallel to the base, can, as is easily seen, be converted by displacement into any parallelogram of the same height and base without altering its area. Quadrilaterals having their sides given are still undetermined in their angles, as every carpenter knows. He adds diagonals, and converts his quadrilateral into triangles, which, the side's being given, are rigid, that is to say, are unalterable as to their angles also.
With the perception that measures were dependent on one another, the real problem of geometry -was introduced. Steiner has aptly and justly entitled his principal work "Systematic Development of the Dependence of Geometrical Figures on One Another/'1 In Snell's original but unappreciated treatise on Elementary Geometry, the problem in question is made obvious even to the beginner.2
A plane physical triangle is constructed of wires. If one of the sides be rotated around a vertex, so as to increase the interior angle at that point, the side
1J. Steiner, Systematische Entwicklung der AlMngigJceit tier g comet r is chen Gestalten von einander. 2Snell, Lehrbuch der Geometrie, Leipsic, 1869.